
Intro. to Derived Geometry.

2. Motivations

I - Bezout theorem

-

X, Y < Cp Smooth alg . curves

of deg a b

1
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- X deg 2

ther if X andI meet transversely

thei X1Y has ab points

# X 1Y = deg X. deg Y

& : Non-transverse intersection ?
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V
proper case -

Two cases ,

&
chm X1 Y = 0

non-proper case self-intersection

damx1Y 30

If We want Bezout still holds , we need to

reinterpret X1Y i . e . equip X1Y with

more structures.

Proper case : equip each intersection point with mult.

-

mult(p) = dim Q OT, p0x
,0

0
Cpp

ther I mult(p) = deg X. deg Y
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deg a rational coves on general quintic

Xa CpY

d I 2 ---

# 2875 609750- -

Idea :
M moduli space of such objects
-

Walt #M .

-

Similar to Bezout : points ina may name

multiplicities , dimon To

extra structure :=wouldendow o with

derived struc
,

-

History: perfect obstructive theory I before derived geom.)





More precisely X -> Xa
=

Map (C(X=a) , @)
caga

is a rational htpy equivalence.

Reformulate : * = Spec Cm(X ; a) ag scheme

"Schematization of X"

then Xa= * (R) rational hepy equir to X.

More generally V X , field K
, the singular can

CpX <
*
(X , R) has the struc of an Eo-ag . /1

Thre . (Mardell) X simply conn
. dim H

*
<X , #p) < o

thee the canonical map X -> X = Map (
*
(X: Ep.

is an Bon of p-con and in Xp = p- adic

completion of Th X.






